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CUCTEMbBI KOTEPEHTHBIX COCTOSIHUM,
CBSI3AHHBIX C YPABHEHUEM KJIEMHA — ®OKA”

Iokasano, umo, cosepuias npeodpaszosanus muna Jlesu-Hueuma 6 ypasnenuu Kietina — @oka u paszoe-
JISLSL nepemMennble Ha «Nonepednbley U «NPOOOIbHBIEY, BO3MOICHO ONpedeneHue KO2epeHmHbIX COCIOAHUL CMaH-
oapmuvim obpasom. Haiioenvl pewrenus npeo6pa3oeanno2o 4emulpexmepnozo ypasHeHus 8 6uoe KOOpOUHAMHbIX
U UMNYIbCHBIX NPEOCMABNIeHUI OaHHbIX KO2epeHmHublx cocmoanuu. «Ilonepeunviey nepemennvie uHmepnpemu-
pylomcesa Kaxk napmonuvle cmenenu c60000bl A0pOHA, ONUCHIBAeMO20 cKanaphbim ypasuenuem Kneiina — @oxa.

Beenenue

B pa6ore [1] mocTpoena ¢peHoMeHoMOTHYeCcKasi MOJIeb aipOHA KaK KOTEPEHTHOTO CO-
CTOSIHMSI TIONEPEYHBbIX BO30YXKAEHUNW Ha opuchepe pelaTHUBUCTCKOIO HMITYJIbCHOIO IpPO-
ctpancTBa JloGaueBcKOro, MHTEPIPETUPYEMBIX Kak MapToHbl. B pabore [2] mpomeMoHCcTpU-
pOBaHa NPUHIUINAIbHAS BO3MOKHOCTh BOSHUKHOBEHHS BEJIMUUH, XapaKTEPU3YIOLIUX pa3me-
pBl apoHa, KOTOpble ObUIM BBEACHBI B MOJEIH «PYKaMH» B paMKax TEOPETHUKO-IIOJIEBOTO
M0JIX0/1a, — ONKMCAaHUE JIBUYKEHUS [[BETHOTO KBapKa B IOCTOSHHOM TJIFOOHHOM IIOJIE.

3amaun JaHHOUW pabOTHI:

1) pa3BUTHE TECOPETHKO-TIOJICBBIX MOJICIICH JIJIsl OMCAHUS a[POHOB KaK KOTE€PEHTHBIX
COCTOSIHUH MONEepeUHbIX BO30YKACHUH, paccCMaTpHUBaEMbIX KaK MapTOHBI;

2) yCTaHOBJICHUE OTPAaHUYCHHI, KOTOPHIC HAKJIAJBIBACT TCOPETHUKO-TIOJICBAsl MOJIEIh
Ha UCXOHYIO ()EHOMEHOJIOTUYECKYIO MOJIENb.

B pabote paccmoTtpum ciydait ypaBHenus KieitHa — ®doka, KOTOpoe HCIOJIb3yeTCs
JUIsL ONIACAHUSl CKAJIPHBIX PENATUBUCTCKUX YaCTUI-ME30HOB. Kak HM3BECTHO, CYIIECTBYIOT
poOJIeMBI ¢ BBEJIEHHEM OOBIYHBIX (HE 0000IIEeHHBIX B [3]) KOTEPEHTHBIX COCTOSTHUMN B pelsi-
TUBHUCTCKOM citydae [4]. [lokaxkeM HUXe, 4TO MIPUMEHEHHE KBaIpaTUYHBIX KOH(POPMHBIX Tpe-
0o0pa3oBaHMil B KOMIUIEKCHOIN 00JIacTH M MX aHaJlora Juis (pyHKUMN JBOMHOIO NEPEMEHHOTO
(B IUTEpaType TaKue MpeoOpa3oBaHMs YacTO Ha3bIBAIOT MpeodpazoBaHusmu Jleu-Husura [5])
K ypaBHeHuto KneitHa — doka Mo3BoJIsieT BBECTU KOT'€PEHTHBIE COCTOSIHUSI CBOOOHON pensi-
TUBHUCTCKOM YaCTHUIIBI U HHTEPIPETUPOBATH MOTNIEPEUHbIE BO30YKIEHUS KaK MapTOHBI.

Paznenenune mepemenHbix B ypaBHeHuu KueiiHa — ®oka Ha npoaosbHbIe
U nonepevHblie U npeodpasosanus Jepu-UYusura
byneMm paccmarpuBaTh aIpoH Kak CKAISIPHYIO YaCTUIY, ONKMCHIBAEMYIO YPaBHEHUEM

Kneitna — ®oxka — ['opaona:
2.2

0,/9(%,%) == p(x,%) ®

3necy 4 =1,2,3,0; X, =ct. B nanpueiimem B ypaBHenuu (1) momaraem 72 =C= 1’ TOTJa OIle-
parop HanambGepa
2 2 2 2
62=a—2+a—2+a—2—a—2. 2)
foooxt oyt ozt ot

"Paboma svinonnena npu noddepaicke epanma BPODU Ne @16/]-003.
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Bbynem uckarp pemienue ypaBHeHus (1), pa3nenuB B HEM IEPEMEHHBIE Ha «IOIEpey-
HBIE» X,Y U «uponponbHbie» Z,t. OueBUIHO, UTO 10 BBEACHMS B3aUMOJEHUCTBUS, BBIIEISIO-

IIEr0 HAaNpaBJICHHE B IMPOCTPAHCTBE, Pa3/elCHUE MEPEMEHHBIX X,Y,Z Ha «IONEpPEeYHBIC»
U «IIpOJOJIbHBIe» YacTu yciaoBHO. Torna pemenue ypaBHeHus (1) npeacraBum B BUje

(X, %) =@, (% Y)@,(2,1). 3)

[ToncraBus Beipaxenue (3) B (1) u paznenuB nepeMeHHbIE, TOTYYUM I «IIONEPEUHOM» YacTH

aqu X, 82gD X,
alf(Z y) al( 2 y) kigol(xi y) (4)
Hu, COOTBCTCTBCHHO, JJIA ((HpOI[OJIBHOfI» qaCTu

82(p2(2,'[) B 82¢2(21t) —k
2 2 =
0z ot

20,(z,8) = (M* k2, (2,1) . ©)

Ocy1ecTBUM CIeyIONHe 3aMeHbl TepeMeHHbIX B (4): ¢ (X, y) > d,(n,£) — u npo-

BeleM KOMIUTeKcuukanmio X+iy = (7+i&)* =n° — £ +2iné . Torna »To ypaBHeHHe TIpH-
MET BH/I:

0P, (1,8) , O°P,(1.€)
on’ 0&?
B ypaememmn (5) cmemaem 3amensl: (jz+t)=(x+ jO) = j(°+C)+2x¢

u ¢,(2,t) > @,(7,$)

3/1ech HaMH UCHOJIb30BATUCH aHATUTUYECKHE (PYHKLMH, ONpeIeIeHHbIe Hajl ABONHBI-
MU YUCJIAMH, 11 KOTOPBIX j2 = 1. IIpu aTom BMecTO (6) MOITydnMm:

O ’Dy(1,4) 0D, (1.¢)
oy’ oc?

OTMeTHM, 4TO B ClTy4ae KOMILICKCHBIX YMCEN U 3aMeHbI epeMeHHbIX (X,Y) & (17,£)

=4kE(n* + &), (,€). (6)

=4(m* =k ) (2" - )P, (x.0). ()

aK0OMaH mpeoOpa3oBaHusl HE UMEET OCOOCHHOCTEN U CJIEIOBATEIbHO B3aMMHO OJHO3HAYHOE
COOTBETCTBUE MEPEMEHHBIX O0ECIeUeHO. YCIOBUEM B3aUMHO OJHO3HAYHOCTH TMEPEMEHHBIX
npu npeodpazoBanuu (z,t) =2 (y,{) sBiseTcs ycloBHE HEPaBEHCTBA HYJIO sSikoOMaHa Ipe-
oOpa3oBaHus, T.€. ;(2 -2

JlaHHOE yCJIOBHE HE TPUBHAIBHO M3-33 OTCYTCTBHS JCITMMOCTH B CUCTEME JIBOMHBIX
yucen. OAHAKO OHO BBIMOJHSETCA Ha IJIOCKOCTU MepeMeHHBIX (y, (), 3a UCKIIOUYECHHEM
OuCCEeKTpHC.

Tak oTOOpa)karoTCs 0COOEHHOCTH CBETOBOTO KOHYCA, KOTOpPBIE, OYEBUIHO, MPOSBIIS-
FOTCSL M Y MCXO/HBIX IepeMeHHbIX. Ycinosue y° — (¢ # 0 HeoGXOQMMOe, HO HEJOCTATOUHOE.
TpeOyercsi, yTOOBI JaHHOE YCIOBUE YAOBIETBOPSIO T;)C6OB8.HI/IIO BPEMEHHUTIOJOOHOCTH,
HAKJIaJbIBAEMOMY Ha HUCXOJHBIE KOOPIUHATEI, T.€. x° + y- + 7* <t%. B HOBBIX IIEPEMEHHBIX

2 22 2 22 2 2 2 2
n,¢, y,¢ nanHoe ycnoBue BeIIAMT Tak (¥ —¢°) > +&°)°, wmm & +n° +&° < y°.
OHO HEMPOTHBOPEUNBO U BCETa MOKET OBITH PeaTM30BaHO.

Onpenenenne KOrepeHTHBIX COCTOSTHUI
Tenepsr obpatuMcst K ypaBHEHUIO (6), YUUTBIBas, YTO UMEHHO TONEPEYHbIE BO30YX-
JICHUs MHTEPIIPETUPOBAINCH B [1] Kak MapTOHBI (COCTABIAIOUINE aJPOHOB) U UMEHHO JJIS Ta-
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KMX COCTOSIHUM BO BHEIIHEM I10JIE B PEISTUBUCTCKOM CIIy4dae €II€ BO3MOXKHO BBEIECHUE KOTe-
PEHTHBIX COCTOSHMI. /[aHHOE ypaBHEHHE SBISIETCS YPAaBHEHHEM OCLMJUIITOPHOIO THIIA.
Cdopmynupyem ero B TepMUHAX KOTEPEHTHBIX COCTOSIHUMN. J[J1s1 3TOTO TIepenuIiieM Kak

O, (n',8) , P, (7',¢)
on” & ™

L®,(n'.&) = —(n?+ &), (', E) =0, (8)

rae n'= Z\M n,<&'= 2\/E &, ¥ BBEJIEM OTIEPaTOPbl POXKIACHUS U YHUUITOXKECHUS
.1 0 . 1 0
== 0EF) & ==0F—)- 9
A= 0 =0T ) ©
[Tpu aTOM onepaTop ypaBHEHHS (8) MOXKET OBITH BRIpaXKEH yepe3 ornepaTopsl (9) kak
L =-2(a'a +a,’a, +2). (10)
B ypaBHenuu (6) BBeieM HOBBIE iepeMennbie y' = 24m* —k >y, £'=2Ym* -k .°¢ .

Torna oHO IpUMET BUA:

0'D,(x'\{) 0°®,(x'\{)
ox” o

BBenem onepaTopsl poXKAEHNS U YHUUTOKEHUS CBA3aHHbIE C ypaBHeHUEM (11):

L®,(x¢) = ~(2*=¢")P,(x'.¢) =0. (11)

;1 0 ;1 0
T = — I$ —), b T = — I$ —). 12
by ﬁ(z a;(') 2 \/E(C ag') (12)
Omneparop L, Beipakaercs depes onepaTopsl (12) cnemyrommm obpasom:
L, =-2(b'b" —b,"b,"). (13)

Jnis kaxmoil mapbl onepaTopoB poxjaeHus u yHuuToxeHus (9), (13) cmpaBeriuBbl
COOTHOILICHUS:

a8 [=d,0.[a.a |=[a .8 |=[a 1]=]a,1]=0, (14)
rae K,1=1,2 coorBetrcTBytor 1" wiu &',
(b, b =80, [bb |=[b . |=[b ,1]=[b 1]=0. (15)

KOFepeHTHBIe COCTOSAHUA, KaK U3BCCTHO, ONPEACTIAIOTCA KaK COOCTBEHHBIE COCTOSHHSA
OnepaTopoB YHUYTOXKCHUA C KOMIIJICKCHBIMU COOCTBEHHBIMH 3HAYCHUSMM:

a,|a)=aa), a,|a)=q,|a,). (16)
CootBercTBeHHO, 115 b, :

b_1|181>=ﬂ1|ﬂ1>vb_2|ﬂ2>=ﬂ2|ﬂ2>- (17)

B Mopenu aapona, mpemioxxeHHON B padote [1], mapToOHBI, COCTABISAIONINE aJAPOHA,
paccMaTpUBAIKCh KaK MOMNEepeYHble BO30YXIeHUs (KOTepEeHTHBIC BO30YXACHHS Ha opuchepe
PENSITUBICTCKOTO MMITYJTLCHOTO TIPOCTPAHCTBA).
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Opucdepa BbIOMpasach OPTOrOHAIBLHOM OCH Z, KOTOpasi COBIaJaja ¢ HalpaBICHUEM
pacnpocTpaHEHHs HaJETAOIIeNH YaCTHIIbl U OChIO MyYKa MapauIeIbHBIX MPSMBIX B UMITYJIbC-
HOM TpocTpancTBe JIo0aueBCKOro, T.€. MepneHANKYIIpHON oprchepe.

Monenb HOcHIa (pe-HOMEHOJIOTUYECKHI XapakTep U He Obljia MOJYMHEHA KaKUM-JIH00
ypaBHeHusaM tuna (1), (8) u (11). KBagpar moayns coOCTBEHHBIX 3HAYEHHI OIEpaTOpOB
YHUYTOXXEHUS Ha opucdepe, onpeaesemMbiid BeipaxkeHusMu tuma (16) u (17), oToxaecTB-
JSUICS ¢ YMCIIOM [TapTOHOB.

[Tpoananusupyem, MOTYT JIU [TOTIEPEUHbIE BO30YK/ICHUS KaK KOT€PEHTHbIE COCTOSHUSA,
onpexaensembie hopmynamu (8), (9), (14), (16), BO3HUKATh Y CKAIIPHONW YaCTHUIIBI, OIMCHIBA-
€MOM PEeNIATUBUCTCKUM BOJIHOBBIM ypaBHEHHEM (1).

JuaroHanbHbIM MaTpUuHBIN 351eMeHT OT omeparopa (10) B oOKkiankax KOrepeHTHBIX
coctostHui (16) maer

—2(n, +n, +2)=0, (18)

T.€. BEeIET K IPOTUBOPEUHIO, BhIpaxkeHue (18) Hepeanusyemo.
Jlisa Beipaxkenuit (11), (12) u (17) cooTBETCTBYIOIINI MaTPUUHBINA IEMEHT PaBEH

—2(n, —n,) =0, (19)

He npoTtuBopeunB. Boipakenue (19) cnocoOCTByeT paspelieH|u0 TPOTUBOPEUHsI, BOSHUKAIO-
miero B cBs3u ¢ (18).
Ymuoxum ypasHenue (8) Ha @, (y',¢"), a ypasuenue (11) Ha @, (7', £") u cnoxum.

B pe3ynbrare noayunm ypaBHEHHE:

o L . 0D o’ o°D o°D
(L+L)D, 7\ EY0, (1 ) =—5 D+ — D+ —2 D, - — 2D, -
on o oy oC 2
—(n?+E%+ x* - )D,0, =0. 20
NN
p 0@ OO O PP, e e g g
(L1+L2) _677'2+a§'2+a)('2_a§'2_(n +g +Z _é/ ) - (21)
roge © = 1D,

B pe3ynbpTaTe Mbl MOJTYYHIH WHBapUAHTHOE OTHOCHTENBHO mpeobpasoBanuii SO(3.1)
IpyNIbl ypaBHEHUE, OYEBUAHBIM 00pa30oM CBs3aHHOE ¢ ypaBHeHHEM (1).

Jliist Hero, 3alMCaHHOTO B TEPMUHAX OINEPATOPOB POKIACHUS U YHUUTOKEHHS M YHCEI
3aII0JTHEHHS, CTIPABEIIIBO

a'a +a, a, +b'b -bb, +2=n+n,+n,—-n,+2=0. (22)

VYKa3aHHOE YCIIOBHE AaHAJIOTMYHO YCIOBMIO TOTO, YTO YAcCTHIA, ONMUCHIBaeMas ypas-
HeHueM (1), JexuT Ha MaccoBOW 000JI0UKE, U OYEBHUIHO, YTO JAHHOE BBIpaKEHHE HE IPO-
THUBOPEYUBO.

KoopauHatHble M WMIYJbCHbIE MNPEICTABJIEHUS] KOTEPEHTHBIX COCTOSIHHIA
B HOBBIX NlepeMEHHBIX
Pemenne ypaBuenus (21) B koopaunataom (7', &', y',{") npencraBieHuu npu ycio-

BUU (22) maetcs BeIpaKEHUEM:
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1 i(aya" +a'ya s+ B =B B"
(08" 28 Nl s B By) = @0 & 11§ ) = — el )

eNZ @ aty & -8 o o A N N2 N BB .

(23)

3necy o =o' +ia", o, =a',+ia",, B =L\ +ip", B, =4"+15",.
NMiyiibCHOE TIPEJCTaBICHHE B CMBICIE omepaTopoB 10/0n',i0/0&", i0/0y',i0/0L"
C COOCTBEHHBIMH 3HAYEHUAMA P, ., P, P, P, UMEET BUL:

1 —i(aatira, @ B B =B )
<p77" pf" p;{" p;"|a1’a2'ﬂ1’ﬁ2>=®(pq'1p§'!pl'!pg'):;e X (24)

e—i\/f(a'l P, +a'y Pt P, =B Ps) % —%[( P,,'—ﬁa'ﬁ)z‘*'(pg‘—‘ﬁa"z)z*'( pl'—\ﬁﬂ"ﬂz—(p;-—ﬁﬂ"z)z

X e

Cnenyer OTMETUTD, YTO OONBLUIMMU HONEpEYHbIe BO30YXAeHuUs (Oombiue N, N,) Mo-
ryT ObITh TONBKO mpu Ooibmiom N,. Takas KapTUHA HAaXOOUTCS B COOTBETCTBHU C TEM,

4TO BHAYUTCIIbBHOC KOJINYCCTBO ITOIMCPCUHBIX BOB6y>KI[CHPII>i, OTOXIACCTBIIACMBIX C ITIAPTOHAMMU,
MOKCT BOSHUKHYTH TOJIBKO IIPpHU 0ONIBIINX SHEPTrHUgX.

3akiaroueHue

B pabore mokasano, uTo, coBepiias npeoOpa3zoBanusi tumna JleBu-UuBura B ypaBHe-
Hun KiteliHa — @oka u pasaeisis IEpEMEHHbIE Ha IIONEPEYHBIE» U IIPOAOJIBHBIE», KAK 3TO
JUKTYETCSl HOBBIMU BBEJCHHBIMU [IE€PEMEHHBIMHU, BO3MOKHO ONPEIEIEHUE KOT€PEHTHBIX COC-
TOSTHUM CTaHIapTHBIM 00pa3zoM.

Haiinens! pemenust ypasHenust Kielina — @oka B BUJe KOOPANHATHBIX U UMITYJIbCHBIX
MPEJICTaBICHUM JaHHBIX KOI€PEHTHBIX COCTOSHUN BO BBEJIEHHBIX NepeMeHHbIX. «llomepeu-
HbIE» NTEPEMEHHbIE HHTEPIIPETUPYIOTCS KaK MapTOHHbIE CTENEHH CBOOOIbI aJpOHa, OMHChIBA-
€MOro CKaJIIipHbIM ypaBHeHUEeM Kielina — @oka.

VY CTaHOBIIEHO, YTO B JAHHOM IOJIXOJE YMCIIO MAPTOHOB 3aBUCHUT OT SHEPIMM W MPO-
JOJIBHBIX CTETEeHENH CBOOOIBI.

BaxHo oTMeTHTh, uTO ypaBHeHHE (21) B3aMMHOMHBApUAHTHO, WU, KaK CJIeTyeT U3 Bbl-
paxenus (22), cuctema MHBapuaHTHA OTHOCUTENBHO MpeodpazoBanuit rpynmnsl SU(3.1) [6].

Asmop 6bnazooapum yuacmHukos cemunHapa 1abopamopuy meopemuieckol Qusuku
3a noneznoe oocysicoeHue pabomai.

CIIICOK MCITOJIb30BAHHOM JIUTEPATYPBI

1. On describing quark in external gluon field of magnetic type / Y. A. Kurochkin
[et al.] // Proceeding of the National Academy of Sciences of Belarus. Physics and Mathe-
matics Series. — 2017. — Ne 4. — P. 39-43.

2. Hadron as Coherent State on the Horosphere of the Lobachevsky Momentum Space /
Y. Kurochkin [et al.] // TTucema B DUAS. — 2016. — T. 13, Ne 3 (201). — C. 454-460.

3. IlepemomoB, A. M. OOG0OIICHHBIE KOT€PEHTHBIC COCTOSHHSI M WX TPUMEHEHUS /
A. M. IlepenomoB. — M. : Hayka, 1987. — 268 c.

4. TouHble peuieHus peNITUBUCTCKUX BOJIHOBBIX ypaBHeHHi / B. I'. borpos [u ap.]. —
HoBocubupck : Hayka, 1982. — 143 c.

5. Coulomb-Oscillator duality in space of constant curvature / E. G. Kalnins [et al.] //
J. Math. Phys. — 2000. — Vol. 41, Ne 5. — P. 2629-2657.



18 Becuix Bpacyxaea ynieepcimama. Cepuvis 4. Dizika. Mamamamvika M 1/2019

6. Kypoukusn, FO. A. O napamerpusanuu npeodpazoBaHuii KOMIUIEKCHOM Tpynisl Jlo-
pEeHIIa I IPOCTPAHCTB ¢ BemiecTBeHHoU MeTpukoii / FO. A. Kypoukus, JI. M. Tomunbuuk //
Joxi. Har. akan nHayk bemapycun. — 2018. — T. 62, Ne 2. — C. 159-163.
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Kurochkin Yu.A. The Coherent States which Connected with Klein — Fock Equation

In this paper it is shown that by performing Lévy-Civita transformations in the Klein — Fock equation
and dividing the variables into «transverse» and «longitudinal» variables, it is possible to define coherent states
in a standard way. Solutions of the transformed four-dimensional equation are found in the form of coordinate
and momentum representations of these coherent states. The «transverse» variables are interpreted as the par-
ton degrees of freedom of the hadron described by the scalar Klein — Fock equation. It is established that in this
approach the number of partons depends on the energy and longitudinal degrees of freedom.



